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Nam hoc: 2019- 2020

I. Kién thitc cin nhé

Chuwong 1. Can bdc hai

1. Dinh nghia can bac hai, dinh nghia can
bac hai sd hoc.

2. DPinh li so sanh cac can bac hai.

3. Piéu kién dé JZ c6 nghia, Hing dang
thie V4> =|4].

4. Lién h¢ gitta phép nhan va phép khai
phuong

5. Lién h¢ gitra phép chia va phép khai
phuong.

6. Cac phép bién ddi don gian cin bac hai:
a) Pua 1 thira s6 ra ngoai diu can.

b) Pua 1 thira s6 vao trong dau can.

¢) Khir mau cua biéu thic 1ay can.

d) Truc cin thirc & mau.

Chwong II. Ham sé bdc nhit

1. Pinh nghia, tinh chat va d6 thi ham s6
bac nhét.

2. Piém thudc, khong thude do thi ham
SO y :ax+b(a iO)

3. Vi tri twong dbi gitra 2 duong thang.
4. Hé s6 goc cuia dudng thang
y=ax+b(a#0).

I1. Bai tap ap dung

Chuwong 1. H¢ thurc luwong trong tam gidc
vuong

1. H¢ thtrc gitra canh va duong cao trong
tam giac vuong.

2. Pinh nghia ti s lugng giac.

3. Mot sd tinh chat cua céc ti s6 luong giac.
4. H¢ thue gitra canh va gbc trong tam giac
vuong.

Chuong II. Duwong tron

1. Cac dinh nghia

a) Pinh nghia duong tron.

b) Pinh nghia tiép tuyén ctia duong tron.
3. Céc dinh li

+ DL bai 3/sgk/tr.100.

+ PL vé tinh chat d6i xtmg cua dudng tron.
+ DL so sanh dd dai day va duong kinh.
+ DL quan hé vuong gbc gitra duong kinh
va day.

+ DL lién hé gitta day va khoang cach tur
tam dén day.

+ Tinh chét va ddu hiéu nhan biét tiép
tuyén.

+ Tinh chat 2 tiép tuyén cat nhau.

+ Tinh chat dudng ndi tim

PAI SO

Dang 1. Rit gon biéu thirc
Bai 1. Tinh gia tri cta cac biéu thuc sau

1) Azzﬁﬂ/(l—ﬁ)z _ﬁ4+1

3+2J§+2+J§
V3 2+

Nhom todan 9

3)C = ~(2+3)

2) B =(20~/300 —15:/675 +5475) :4/15

2812 5+427

4D = -
V18 -/48 30 +4/162
Pé cuong én tdp todn 9 hoc ky 1

Trang 1
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7)G=7+\/_—\/51+14
9) [ =743 + f

ll)sziG'[J9+4ﬁ +\/9_4\/§]

3 3

5)E =

13) P = 420 + 5+/45 —3./125 —15\E

2-+2

J2-1
11-11
1-11

5 6
—~ +
J7+42 71
5 2

Jii-J6 o- 2+
19)S =320 — 20\[ x/§+\/_

Bai 2. Rut gon céc biéu thire sau:

15)K =

17)0 =

1)
A—\/;_\/; — (u=0;v>0;u#v)
3)C— 2xx/§+\/_( iﬁ)

5) E:%\/9+6v+v +4?+5(VS—3)

7) G=~a’+6a+9 +Va* —6a+9(-3<a<3)

9) 1= y+yJ—( y £0)
X+2{xy +y
a+dJa+4  4-a
1) K = + a>0;a+4
Ja +2 JE—Z( )

Nhom todan 9
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SN RN N
V21 \/_+3 \/_
2
H=ma f—z ﬁ+3
2 2
IO)M:\/z—ﬁ_\/%ﬁ
12)L = 1o
V1447 =1 14407 +1

14)*0:(@—\/5).(3+\/§).\/3—\/§
16)*J:\/6+2\/8\/§—9 J7-
18)*R=x/\/§—1+\/x/§+1—\/2\/§+2

20. 352 +7 =352 -7
21 47 —J4++7

2)B =

2u+\/;—3v( 4 j
u,v#0u+—v

2u 5\/E+3v

9D 5V -3 /1oox 4(

. f;lf( f)(“”’)

8) H=\/a+2\/a—1 +\/a—2\/a—l

voi(1<a<2)

3Ja —2a-1

4a—4Ja +1

6) F =

10) J =

(a=0;a+4)

Pé cuong én tdp todn 9 hoc ky 1

Trang 2
Chuic cdc con o6n thi dat ket qua tot!



Truong THCS Van Quadn

Nam hoc 2019- 2020

Dang 2. Rut gon va nhirng bai todn lién quan

Bai 1. Cho biéu thtc:
2J;—9 _!J;+3_2J;+1
x=5Jx+6 Jx-2 3-Jx

a) Tim DKXD va rat gon M
b) Tinh gia tri cia biéu thirc M khi

x=11-62
¢)TimxeR dé M =-3
d)Tim xeR d&& M <1
e)TimxeZ & M eZ

M =

Bai 3. Cho biéu thtc:

AZL\/;—I Jx+1 j x/x

x—4  x+4x+4) (4-x)
a) Tim DKXD va rat gon A.
b) Tinh gia tri ciia A biét
e 22
V2-1 241

¢) Tim x dé AZ%.

Bai 5. a) Cho biéu thirc

A= 3 + ! voli x>0, x#1. Timx
x—1 \/;—i-l
s =L
2
1 5
b)bat P=A4: .Timx dée P<O0.
) b3 Tirl

x+12

¢) Cho biét M = . Tim GTNN

cua M.

Bai 7.
P(VE- 2 -

a) Tim dkxd va rat gon biéu thtc P.

b) Tim cac gia tri cua x théa man: P < 5

Nhom todan 9

Bai 2. Cho biéu thc:

PZ( 2x _x+9\/;)x+5\/;
Jx-3  x-9 | x-25

a) Tim BDKXD va rat gon P.

b) Vi x #0 so sanh P voi 1.
¢) Tim GTNN cua biéu thuc P.

Bai 4. Cho biéu thtc:
po[Nx+3 5 4 )Jx-d
\/;+1 1—\/; x—1 '\/;+1

a) Tim DPKXD va rat gon biéu thirc P.
b) Tinh gia tri cia P vdi

x=%(\/6+4ﬁ+\/6—4ﬁ).
¢) Tim céc s6 hiru ti x ¢& P nhan gié tri nguyén.
Bai 6. Cho bicu thirc
1 1 x+1
A= - | ==
(ﬁ—l J;HM 2 j

a) Tim DPKXD va rat gon biéu thic A.

Jx

b) Tim x dé biéu thirc 4= -

¢) Tim m dé phuong trinh A4 = m c6 nghiém.

Bai 8. Cho biéu thirc

P:(l_x—S\/;J{ 9-x _\/;—3_\/;—2J
x=9 ) x+Jx-6 2-x Jx+3
a) Tim dkxd va rat gon bicu thic P.

b) Timx dé P>0.

¢) V6i x >4, x#9tim GTLN cua P.(x+1)

Pé cuong én tdp todn 9 hoc ky 1
Trang 3

Chiic céc con én thi dat két qua tot!
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¢) Tim GTNN ctia biéu thtc P.
Bai 9. Cho biéu thiic

M:( 1 \/;jx—\/;

+ .
Jr=1 x-1)2Jx+1
a) Tim dkxd va rat gon M
b) Tim k dé€ phuong trinh M =kco
nghiém.

Nam hoc 2019- 2020

Bai 10. Cho 2 biéu thirc:

Jr+d o 3x+1 2

va B = - voi
Jx -1 x+20x =3 Jx+3
x>0 x#1

a) Tinh gia tri cua biéu thurc A khi x =9.

b) Ching minh: B = !

A=

NP

N VU ST 2 A
c¢) Tim tat ca cac gia tri cua x dé EZ +5.

NG S

Dang 2. Ham s6 bic nhit

Bai 1. Cho 2 dudng thang: (d,):y =2x;(d,): y=—x+3

a) Vé (af1 );(a’2 )trén cung 1 hé truc toa do.

b) Tim toa d6 giao diém cua (d1 ) va (a’2 ) bang phép tinh.

c¢) Goi A la giao cua (d2 )Véi tryc tung, B 13 giao diém cia (af1 ) va (a’2 ) Tinh chu vi va
dién tich tam gidc ABO?

Bai 2. Cho cac duong thang (d,): y=-3x+5; (d,): y=x+3.

a) Vé (d1 );(a’2 )trén cung 1 mat phang toa do.

b) Tim toa d6 giao diém A cua (d1 ) va (a’2 ) bang d6 thi va phép toan.

¢) Tinh goc tao boi duong thang (dz) voi truc Ox.

d) Goi B, C lan luot 1a giao diém cua (a’1 ) va (d2 )Vé’i truc Ox. Tinh chu vi va dién tich
tam gidc ABC.

e) Tinh cac goc cua tam giac ABC?

Bai 3. Cho 3 duong thing (dl):y :3x,(d2):y =%x,(d3):y =—x+4.

a) Vé (dl);(dz);(d3) trén cung mot hé truc toa do.
b) Goi A, B lan luot 1a giao diém cta (d3) voi (d1 ) va (d2 );Tim toa d6 cua A va B.

¢) Chirng minh tam gidc OAB can. ’
d) Tinh cac goc trong tam gidc OAB( 1am tron dén do).

Bai 4. Cho 2 duong thang trén cing mdt mét phang toa do: (d) Ly =—X; (d ') y=x+2
a) V& (d);(d").

b) Viét phuong trinh dudng thang (D) song song voi (d )Vé cat (d ') tai diém c6 hoanh do
bang 1.

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 4
Chuic cdc con o6n thi dat ket qua tot!
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Bai 5. Cho ham s6 y =mx —2m+1 c6 db thi (d) va diém A(Z;l)

a) Vé (d)khi m=1. b) Viét phu’smg trinh duong théng OA. ’
¢) Cor: Piém A e (d) d) Tim m dé khodng c4ch tir O dén (d) 16n nhét.
Bai 6. Xac dinh phuong trinh dudng thang (d )trong cac truong hop sau:

a) (d)di qua A(4;5)Vé c6 hé sd goc bang — 1.

b) (d)di qua B(—2;O) va cat duong (d1 ) : y = 4x —1tai diém nam trén tryc tung.

c) (d )Vuéng goc voi duong thang (dz) Ly = —% —1 va di qua giao diém cua 2 duong
thang (d,):y=3x+4 va(d,):y=x-2.

Bai 7. Cho 3 duong thang (d,): y=x+2, (d,): y=2x+1, (613):)/:(7112 +1)x+m
Tim m d€ ba dudng thang cat nhau tai mot diém.

Bai 8. Cho duong thing (d) Ly = (3m — 2)x +m—2 véi m 14 tham sd.

a) Tim cac gia tri ciia m dé (d)cimg v6i 2 dudng thang (d1) y=X +§Vé (dz) y=X
dong quy.

b) Tim m dé (d)song song véi duong thang (d3) cy=2x+1.

¢) Tim m dé khoang céch tir gdc toa d6 dén duong thang (d ) 16n nhat.

, , , 1
d) Tim m dé (d)cét truc Ox va truc Oy tai 2 diém A, B sao cho S, :E

Bai 9. Cho duong thang (d) Yy = (m —2)x+ 2—m

a) Tim m dé duong thang (d)vél cung véi 2 dudng thing (dl ) cy=x+2va
(dz) :y=4—3x dong quy.

b) Tim m dé (d)vuﬁng goc voi duong thing (d3 ) :x—3y—-1=0.

¢) Tim diém cb dinh ma (d ) luon di qua véi moi m.

d) Tim khoang céch 16n nht tir gbc toa d6 dén dudng thiang (d )

Bai 10. Viét phuong trinh duong thang (d ) , biét rang:

a) (d )cét (d1) :y=-2x-3 tai 1 diém thudc truc hoanh va cit dudong thang

(af2 ) : y = x — 4 tai mot diém thudc truc tung.

b) (d)di qua diém A(%;—Z] va song song v6i duong thang (d3) 2x+y=0.

c) (d )di qua diém B (\/3 ,%) va tao v6i truc hoanh mot goc 30°.

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 5
Chuic cdc con o6n thi dat ket qua tot!
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Dang 3. Phwong trinh vo ti
Bai 1. Giai cac phuong trinh sau:

! ! +2=0 )

a) b) ~
%\/4x—8—9/x8_12:6 Ve +l+x Xt +1-x X’ +6x+9=3x-6

Bai 2. Giai cic phuong trinh sau:

) Vx+2dx—1 +yx—2dx-1=2 D ¢)3+V2x-3=x
Vx—1-+/5x—1=+3x-2

d) 3x2 +2Ix+18+2¢x? +7x+7 =2 e) Jx—1—-4/x*-1=0 f) VX2 =9 —3Jx+3=0

Dang 4. Cuc trj dai s6
Bai 1. Cho x,y théa mén: /x+2 — )’ =./y+2 —x’. Tim gia tri nho nhat cta biéu thirc
T=x"4+2xy—-2y" +2y+10.

Bai 2. Cho 2 s6 thyc x,y thoa man : (x+\/x2 +2018)(y+\/y2 +2018):2018

Tim gi4 tri nho nhét cua biéu thirc : M =9x* +7y* —12x> +4)° +5

Bai 3. Cho cac s6 thyc x,y khong 4m va théa man diéu kién: x° + y* < 2. Hay tim gi4 tri
16n nhét cia biéu thirc Pz\/x(29x+3y) +\/y(29y+3x).

Bai 4. Cho x,,z>0 va 4x+2y+2z—dfxy —4/xz +2[yz — 10z =6,y +34 =0

Tinh gia tri ctia biéu thic : M = (x —15)4 + (y — 8)6 + (Z - 24)2016.
Bai 5. Giai phuong trinh: Vx +Vx+7 + 2403 +7x +2x =35
Bai 6. Cho hai s0 thuc x,y théa man : x>1 ; y>1. Tim gia tri nho nhat cua biéu thuc :
2 2
p="—+2
y—1 x-1
Bai 7. Cho x,y 13 hai s6 thuc théa man : 0 < x < 2;4<y<5vax+y=6.Timgia tri nhd
. . I 1
nhat cia biéu thuc : P=—+—.
Xy
Bai 8. Cho 1 < x < 2. Tim gia tri nho nhat cta biéu thic :
1 1 1

+ +
(x—l)2 (2—x)2 (x—1)(2-x)
A 2 4
Bai 9. Cho 0 < x <1. Tim gia tri nho nhat cta biéu thuc : 4 zli+—.
-X X
Bai 10. Cho a > 0;6 >0 va a’ +b”> =1. Tim gia tri 16n nhat cta biéu thuc :
S=ab+2(a+b).

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 6
Chuic cdc con o6n thi dat ket qua tot!
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HINH HQC

Bai 1. Cho (O;3cm)ve‘1 A 1a diém c6 dinh thudc duong tron. Puong thang d tiép xtic voi

duong tron tai A. Trén d 1ay diém M( M # A4) . Ké diy cung AB vudng goc véi OM tai

H.

a) Tinh d6 dai OM va AB khi OH =2cm.

b) Chimg minh: AMBA can va MB 1a tiép tuyén cua (O).

¢) Ké duong kinh AD, doan thang DM cat duong tron tai E. Chimg minh rang:

MA* = MH MO = ME.MD . Tt d6 suy ra: EHM =ODM .

d) Tim vi tri cua diém M trén duong thang d sao cho §,,,,16n nhat.

Bai 2. Cho (0; R). Tir diém A nam ngoai dudng tron ké céc tiép tuyén AB, AC voi

duong tron(B, C la cac tiép diém)q. Goi H 1a trung diém cua BC.

a) Chirng minh: 3 diém A,H,O thang hang va cac diém A,B,C,O cung thudc 1 dudng tron.

b) K¢ duong kinh BD cua (0) . V& CK vuong gbéc voi BD. Chirng minh:

AC.CD =CK.AO.

c) Tia AO cit (0) tai M (M nam giita A va O). Ching minh: M 13 tdm duong tron ndi tiép

tam giac ABC. ‘ 7

d) Goi I 1a giao diém cua AD va CK. Chirng minh rang: I 1a trung diém cua CK.

Bai 3. Cho (O)duong kinh AB=2R va day AC khéong qua tAm O. Goi H I trung diém

cua AC.

a) Tinh s do ctaACB va chung minh: OH //BC'.

b) Tiép tuyén tai C clia (0) cit OH tai M. Ching minh dudng thing AM 14 tiép tuyén cta

(O) tai A.

¢) V& CK vuong goc voi AB tai K. Goi I 1a trung diém cua CK va dit CAB=a. Chung

minh rang: /K = R.sina.cosa .

d) Chimng minh 3 diém M,I,B thang hang.

Bai 4. Cho nura dudng tron (O) duong kinh AB, duong thang d 1a tiép tuyén véi (O) tai

A. Trén d 1y diém M, duong thing MB cit (0) tai C. Tiép tuyén tai C cat d tai I. chung

minh rging:

a) 4 diem: O, A, I, C cung thugc mét dudng tron.

b) I Ia trung diém ctia AM .

AB’

¢) MB.MC =0OM* —
d) Khi M di dong trén d, trong tam G ctia A4OC thudc dudng cb dinh nao?

Bai 5. Cho AB va CD la 2 duong kinh vuong gbc cua (O;R). Trén tia d6i cua tia CO ldy
diém S, SA cit (0) tai M. Tiép tuyén tai M véi (O) cat CD tai E, BM cat CD tai F.

a) Chung minh: EM .AM = MF.OA.

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 7
Chuic cdc con o6n thi dat ket qua tot!
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b) Ching minh: ES = EM =EF

¢) Goi I 1a giao diém cua SB véi (0) Chung minh: A, I, F thang hang.

d) Cho EM = R, tinh FA.SM theo R. , 7

e) Ké MH 1 AB. Xac dinh vi tri cta diém M d¢ AMHO c6 dién tich dat GTLN.

Bai 6. Cho (O;R) , duong kinh AB, day cung BC=R.

a) Giai tam giac ABC.

b) Puong thang qua O vudng goc véi AC cit tiép tuyén tai A cta dudng tron (O) o D.
Chung minh: OD la duong trung truc ctia doan AC.

¢) Chirng minh: DC 1a tiép tuyén ctia duong tron (0) .

d) Buong théng OD cit duong tron (0) tai . Chirng minh: I 1a tdim duong tron ndi tiép
tam giac ADC.

Bai 7. Cho duong tron (0; R) , duong kinh AB va diém M trén duong tron( M khac A va
B). Tiép tuyén tai A va B cia (0) cit tiép tuyén tai M theo thir tu & C va D.

a) Chirng minh: ACDB la hinh thang vuong.

b) Chimg minh: OD//AM ,

¢) AM cat OC tai E va BM cat OD tai F. Chung minh: OE.OC = OF.OD.

d) Cho MAB =60°. Tinh S,,,,,theo R.

Bai 8. Cho (O)duong kinh CD=2R, M 1 diém thudc (O)sao cho MC <MD . GoiK la
trung diém ciia CM, tia OK cit tiép tuyén Cx tai A.

a) Ching minh: OA/MD; MA 14 tiép tuyén cta (O).

b) Goi B 14 giao diém ctia AM va tiép tuyén Dy cia (0); H 14 giao diém ctua OB va MD.
Khi M thay dbi, chimg minh rang : KO.KA + HO.HB khong phu thudc vao vi tri ctia diém
M.

¢) Gia sit CM =R, duong thang AB cit CD tai S. Ké CE L AB tai E. Chting minh :
AE.SM = AM .SE . 7 ’

d) Khi M thay d6i, ching minh giao di€ém ctia AD va CB luén thudc 1 duong co6 dinh.
Bai 9. Cho (O;R)du’(‘mg kinh AB. Qua A, B v& lan luot 2 tiép tuyén d va d’ voi (0) .
Mot dudng thang qua O cat d & M va cat d” & P. Tir O v& mot tia vudng goc voi MP va cét
d” ¢ N.

a) Chung minh: OM=OP va ANMP can. ) )
b) Goi I 1a hinh chiéu vudng goc ctia O 1én MN. Ching minh: OI= R va MN la tiép tuyén
cua (0)

¢) Chimg minh: AM.BN =R”.

d) Tim vi tri cua diém M dé tir gidc AMNB ¢6 di¢n tich dat GTNN.

Bai 10. Cho (O;R)Ve‘l duong thang d khong c6 diém chung sao cho khoang cach tir O dén

d khong qua 2R. Qua diém M trén d v& céc tiép tuyén MA, MB t6i (0) voi A, B la cac

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 8
Chuic cdc con o6n thi dat ket qua tot!
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tiép diém. Goi H 14 hinh chiéu vudng goc cua O trén d. V& day AB cat OH tai K va cit
OM tai 1. Tia OM cit (O)tai E.

a) Chung minh: OM 1 AB va OI.OM =R’.

b) OK.OH = OI.OM . 7

¢) Tim vi tri cua di€ém M trén d d¢ OAEB la hinh thoi. o

d) Khi M di chuyén trén d, chirng minh dudong thang AB luén di qua mdt diém c6 dinh.
Bai 11. Cho (O; R) va diém B nam trén (O) . Ttr diém A bt ky nam trén tiép tuyén d tai
B v6i duong tron (O), ké BH vudng goc voi AO tai H.

a) Khi A di chuyén trén d, chimg minh tich: OH .OA c6 gia tri khong doi.

b) Goi C 1a diém ddi xtmg ctia B qua H. Chiing minh: AC 14 tiép tuyén ciia (0) .

c) Tia ddi cua tia OA cat (0) tai M. Chitng minh: M 13 tdm duong tron bang tiép trong
goc A cua tam giac ABC. 7

d) Véi diém I di chuyén trén BC, qua A v€ dudng thang vuong goc voi Ol tai D. Tim vi tri
ctia diém I trén BC dé (301 + OD)dat GTNN.

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 9
Chuic cdc con o6n thi dat ket qua tot!
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Bai 2. Cho biéu thuc:

15vx 11

3Jx—2 2Jx+3

P= + -
x+20x=3 1-Jx  3+x
a) Tim DKXD va rat gon P.
1

b)TimxdéP:E.

Nam hoc 2019- 2020

¢) Tim x dé P nhan gi4 tri nguyén.Bai 4. Cho biéu thirc:

Q_3x+@—3_&+1+&—2
x+Jx=2 Jx+2 1-x

a) Tim BDKXD va rat gon Q

b) Tinh gia tri ctia bt Q khi x =4+ 2+/3

¢) Timx dé O =3
d) Timx d&é O >1
e)Tim xeZ d¢ QeZ
Bai 6. Cho biéu thirc:
X’ —x B 2x++/x | 2(x-1)

X++x+1 Jx Jx -1
a) Tim dkxd va rat gon biéu thtc N.
b) Tim GTNN cua bi€u thuc N.

N =

2 2 2
¢) Tim x dé biéu thuc M =

1

X o A
nhan gia tri nguyén.

2x

1

Bai 7. Cho biéu thtrc: P = {

a) Tim dkxd va rat gon biéu thic P.
b) Tim x dé biéu thic P = %

Nhom todan 9

Pé cuong én tdp todn 9 hoc ky 1

i [ xedr
\/;—1 X x—x+x/;—1 1 xvx +x+/x+1

¢) Tim x dé P<%.

d) Tim GTNN cuia biéu thirc P.

Trang 10

Chiic céc con én thi dat két qua tot!

x+1

|
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x+2\/;+5.[ 24x -9 _\/§+3_2\/}+1]
Jr-3 \x-5Jx+6 Jx-2 3-x

a) Tim dkxd va rat gon biéu thic P. b) Tim GTNN ctia biéu thirc P

x—sﬁ_lM 25-x  Jx+3 &—5]

Bai 9. Cho biéu thirc: P =

x—25 x+2dx-15 Jx+5 3-+Jx

a) Tim dkxd va rat gon A b) ¢/m: A< 2véi x e dkxd ¢)Timxdé AeZ

Bai 10. Cho biéu thirc: 4 = [

Nhom todan 9 Pé cuong én tdp todn 9 hoc ky 1
Trang 11
Chuic cdc con o6n thi dat ket qua tot!



